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a b s t r a c t
There is a large discrepancy in the open literature about the comparative performance of the existing
macro and microscale heat transfer models and correlations when applied to small/micro ﬂow boiling
systems. This paper presents a detailed comparison of the ﬂow boiling heat transfer coefﬁcient for
R134a in stainless steel micro tubes with 21 macro and microscale correlations and models. The experimental database that was used in the comparison includes the data for 1.1 and 0.52 mm diameter tubes,
mass ﬂux range of 100–500 kg/m2 s and system pressure range 6–10 bar obtained in the course of this
study. The effect of the evaporator heated length on the comparative performance of the correlations
and models was investigated using three different lengths of the 1.1 mm diameter tube (L = 150, 300
and 450 mm). This comparative study demonstrated that none of the assessed models and correlations
could predict the experimental data with a reasonable accuracy. Also, the predictability of most correlations becomes worse as the heated length increases. This may contribute in explaining the discrepancy in
the comparative performance of the correlations from one study to another. A new correlation is proposed in the present study based on the superposition model of Chen. The database used in developing
the correlation consists of 5152 data points including the current experimental data and data obtained
previously with the same test rig, ﬂuid and methodology for tubes of diameter 4.26, 2.88, 2.01 mm.
The new correlation predicted 92% of the data within the ±30% error bands with a MAE value of 14.3%.
Ó 2013 The Authors. Published by Elsevier Ltd. Open access under CC BY-NC-ND license.

1. Introduction
Micro evaporators are expected to play a vital role in the miniaturisation of cooling systems and required increase in energy
efﬁcient equipment. Therefore, they also have the potential of
reducing capital cost and environmental problems such as global
warming. Moreover, micro evaporators have several beneﬁts over
conventional ones. These include: (i) larger heat transfer surface
area per unit volume; (ii) fewer number of ﬂow patterns with
well-deﬁned liquid vapour interface which can allow the development of mechanistic models rather than empirical correlations;
(iii) much higher ﬂow boiling heat transfer coefﬁcients; (v) smaller dependence on orientation due to the dominance of surface
tension over buoyancy force. Despite these beneﬁts, there is still
a major limitation that may impede the development of these micro evaporators from the laboratory to commercial applications,
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i.e. the lack of reliable correlations to predict the ﬂow boiling heat
transfer coefﬁcients at the microscale level. This is necessary for
the correct design and operation of this kind of exchangers and
their systems. Watel [1] reported that the current design
advancement of compact heat exchangers is based on experience
and experimentation on prototype units due to the lack of reliable prediction methods. Also, Ribatiski et al. [2] reported that
micro evaporators are developed in a ‘‘heuristic way’’ without
proven thermal design methods for predicting heat transfer and
pressure drop.
Despite the more recent published correlations, the conclusion
that there are still no reliable correlations for the prediction of
the heat transfer coefﬁcient, as stated above, is still valid. This lack
of accurate prediction methods urged researchers to conduct more
experimental studies on ﬂow boiling heat transfer at microscale
with the aim of developing new correlations or models. Accordingly, several microscale ﬂow boiling heat transfer correlations
were proposed by many authors. However, these correlations are
not general and cannot be extrapolated outside their applicability
ranges. For example, many researchers such as [3–10] assessed a
large number of existing macro and microscale heat transfer correlations and reported poor agreement with experimental data.
Bertsh et al. [11] performed an extensive review and comparative
analysis of saturated ﬂow boiling in microchannels. They assessed
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Nomenclature
Bd
Bo
C
Co
CpL
D
Db
E
F
Fﬂ
Fnb
fmax
Fr
f
G
g
h
hfg
k
L
M
MAE
N
NCo
Nu
P
Pr
Pr
q
Rp
ReLo
ReL
Retp
S
t
tdry
tﬁlm
T
V

bond number, gDqD2/r, (–)
boiling number, q/Ghfg, (–)
Chisholm constant, (–)
conﬁnement number, (r/gDq)0.5/D
liquid speciﬁc heat, (J/kg K)
diameter, (m)
bubble departure diameter, (m)
energy, (J)
convective boiling enhancement factor, (–)
ﬂuid dependant parameter, (–)
nucleate boiling factor, (–)
maximum frequency, (s1)
Froude number, V2/gD, (–)
fanning friction factor, (–)
mass ﬂux, (kg/m2 s)
gravitational acceleration, (m/s2)
heat transfer coefﬁcient, (W/m2 K)
latent heat of vaporisation, (J/kg)
thermal conductivity, (W/m K)
length, (m)
molecular mass, (kg/kmol)
mean absolute error, (–)
number of data points
 0:8 qg 0:5
convection number, 1x
, (–)
qL
x
Nusselt number, (–)
pressure, (bar)
reduced pressure, P/Pcritical, (–)
Prandtl number, (–)
heat ﬂux, (W/m2)
surface roughness, (m)
all-liquid Reynolds number, GD/lL, (–)
liquid Reynolds number, (1  x)GD/lL, (–)
two-phase Reynolds number = ReLF1.25, (–)
nucleate boiling suppression factor, (–)
time, (s)
time for dry vapour to pass a ﬁxed location, (s)
residence time for liquid ﬁlm, (s)
temperature, (K)
velocity, (m/s)

25 correlations using 1847 data points collected from 10 different
laboratories, including 19 correlations developed for small to micro
diameter channels. They concluded that the best prediction
achieved had a mean absolute percentage error (MAE) value of
40% with less than 50% of the data within the ±30% error bands.
This led them to conclude that, microscale heat transfer correlations did not add any advantages over conventional ones. Also, correlations that were developed based on ﬁtting the experimental
data failed upon extrapolation to predict other data points, while
nucleate pool boiling correlations were better, indicating the possible dominance of nucleate boiling in microchannels. Finally, they
conﬁrmed the need for physics-based models for predicting the
ﬂow boiling heat transfer coefﬁcient in microchannels. In addition
to the non generality of macro and microscale correlations, there is
a large discrepancy in the open literature about the comparative
performance of these correlations when applied at microscale level. For example, the correlation of Lee and Lee [12], which was
developed based on R113, predicted the experimental data of
Wang et al. [10] for ethanol very well with a MAE value of 16.4%.
On the contrary, the same correlation predicted poorly the experimental data of Qu and Mudawar [13] for de-ionised water with

We
x
X
Z

Weber number, G2D/qr, (–)
vapour quality, (–)
 0:5  0:5  
qg
1x
Martinelli parameter, X ¼ ffgL
(–)
x
qL
axial distance, (m)

Greek symbols
b
percentage of data within ±30%
d
ﬁlm thickness, (m)
d0
initial ﬁlm thickness, (m)
DT
temperature difference, (K)
l
viscosity, (Pa s)
q
density, (kg/m3)
r
surface tension, (N/m)
/
two phase frictional multiplier, /2 ¼ 1 þ XC þ X12 (–)
s
time, s or shear stress, (N/m2)
sb
bubble generation period, (s1)
Subscripts
a
annular
c
coalescence
CBD
convective boiling dominated
EXP,i
experimental data point number i
fg
liquid to gas phase change
g
gas
go
all-gass
h
hydraulic
L
liquid
Lo
all-Liquid
NBD
nucleate boiling dominated
nb
nucleate boiling
Pred, i
predicted data point number i
sp,lam
single phase laminar
tp
two phase
vv
laminar–laminar
tt
turbulent–turbulent
vt
laminar–turbulent
tv
turbulent–laminar
0
reference value

a MAE value of 272.1%. In fact, the discrepancy about the comparative performance of ﬂow boiling heat transfer correlations is consistent with the discrepancy about the published heat transfer
results from one study to another. Yet, the reasons behind this
large scatter in the published heat transfer results are not clear.
Karayiannis et al. [14] proposed two possible reasons for this discrepancy, i.e. the variations in the test section surface ﬁnish and
heated length. They experimentally investigated the effect of these
two parameters on the local behaviour of ﬂow boiling heat transfer
coefﬁcient of R134a in micro stainless steel tubes.
Following on from the discussion above, this study presents an
extensive assessment of 21 macro and microscale correlations
and models. The assessment is conducted using local (h vs. x)
and average global values (local and global comparison) using
an experimental database for refrigerant R134a, D = 0.52 mm
(L = 100 mm), D = 1.1 mm (L = 150, 300, 450 mm), G = 100–
500 kg/m2 s and P = 6–10 bar. This database includes the effect
of heated length on the comparative performance of the examined correlations and models. Additionally, a new correlation of
the Chen type is proposed based on the current database as well
as previously obtained data using the same test rig for tubes with
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Table A1
Existing microscale heat transfer correlations.
Reference

Correlation

Applicability range
Based on 728 data points D = 3.1 mm G = 125–750 kg/m2 s q = 14–
380 kW/m2 P = 1.3–4.1 bar R113
D = 2.4, 2.92 mm, G = 44–832 kg/m2 s q = 7.5–129 kW/m2
Pr = 0.045–0.2 R12, R113
R141b, D = 1.39–3.69 mm

30Re0:857
Bo0:714 ðkL =DÞ
Lo

Lazarek and Black [27]

htp ¼

Tran et al. [28]

htp ¼ 840000ðBo2 WeL Þ

0:3

 0:4
qL
qg

2

WeL ¼ Gq rD
L

Kew and Cornwell [22]

Bo0:714 kDL ð1  xÞ0:143
htp ¼ 30Re0:857
Lo

Warrier et al. [4]

L
htp ¼ ½1 þ 6Bo1=16  5:3x0:65 ð1  855BoÞ 4:36k
D

0:00027 6 Bo 6 0:000890:03 6 x 6 0:55 FC84, Dh = 0.75 mm

Kandlikar and
Balasubramanian
[23]

htp ¼ maxðhCBD ; hNBD Þ ð1  xÞ0:8 hLo

Range of data for the original Kandlikar [25] correlation

þ 1058 Bo0:7 F Fl Þ hCBD ¼ 1:136N 0:9
þ 667:2Bo0:7 F Fl
hNBD ¼ ð0:6683 N 0:2
Co
Co

D = 0.19–32.0 mm

N Co ¼
hLo ¼

1x0:8 qg 0:5

G = 13–8179 kg/m2 s
q = 0.3–2280 kW/m2

qL

x

ReLo PrL ðf =2ÞðkL =DÞ
2=3
0:5
1þ12:7ðPrL 1Þðf =2Þ

; 104 6 ReLo 6 5  106

3
L ðf =2ÞðkL =DÞ
6 ReLo 6 104
hLo ¼ ðReLo 1000ÞPr
2=3
0:5 ; 3  10

P = 0.4–64 bar
Water, refrigerants

1þ12:7ðPrL 1Þðf =2Þ

Zhang et al.[16]

For 1600 < ReLo < 3000), hLo is calculated by interpolation between
ReLo = 1600 and 3000
For ReLo < 1600, hLo is calculated from Nu = constant
For ReLo 6 100, htp = hNBD(1  x)0.8hLo
htp = Shnb + FhL
 0:79 0:45

k
C
q0:49
0:75
hnb ¼ 0:00122 0:5L 0:29pL 0:24L 0:24 DT 0:24
sat DP sat

D = 0.78–6.0 mm
G = 23.4–2939 kg/m2 s

r lL hfg qg

Þ
S ¼ ð1 þ 2:53  106 Re1:17
L
F = MAX(F0 , 1), F0 = 0.64/L

q = 2.95–2511 kW/m2

1

P = 1.01–8.66 bar
Water, refrigerants

/2L ¼ 1 þ XC þ X12
for ReL < 1000 and Reg < 1000 X = Xvv and C = 5
for ReL > 2000 and Reg < 1000 X = Xtv and C = 10
for ReL < 1000 and Reg > 2000 X = Xvt and C = 12
for ReL > 2000 and Reg > 2000 X = Xtt and C = 20
For other regions of Rek (k = L or g) interpolate the above values of C
h    i0:5  0:5   0:5
qg
1x
X ¼ dP
= dP
¼ ffgL
qL
x
dz L
dz g

16=ReL or g ;
for tubes; ReL or g < 1000
fL or g ¼
0:2
0:046 ReL or g ; ReL or g > 2000
hL = (kL/D)Nu

maxð4:36; NuCollier Þ; for ReL 6 2000
Nu ¼
for ReL P 2300
0:023ReL0:8 Pr0:4
L ;
 0:25 h 2 3
i0:1
gbqL Dh ðT w T L Þ
0:43 PrL
Pr

NuCollier ¼ 0:17Re0:33
L
L
Prw
l2
L

Lee and Mudawar [29]

For 0 < x 6 0.05 htp = 3.856X0.267hL

Saitoh et al. [17]

For 0.05 < x 6 0.55 htp ¼ 436:48Bo0:522 We0:351
X0:665 hL
L
For 0.55 < x 6 1htp = MAX(108.6X1.665hg, hg)
htp = Shnb + FhL
 0:745  0:581
qg
b
hnb ¼ 207 DkLb kqD
Pr0:533
L
q
L TL

Water, R134a Dh = 0.35 mm

D = 0.5–11 mm
G = 150–450 kg/m2 s

L

Db = 0.512[r/g(qL  qg)]0.5
 1:05
F ¼ 1 þ X1
=ð1 þ We0:4
Þ
g

q = 5–39 kW/m2
P = 3.5–5 bar

S ¼ 1=ð1 þ 0:4ðF1:25  ReL  104 Þ Þ
(
1=3
ReL P 1000
0:023 kL Re0:8 PrL
hL ¼ 4:36kL D L
ReL < 1000
D
 0:9 qg 0:5 lL 0:1
for
ReL > 1000 & Reg > 1000
X ¼ 1x
qL
lg
x
 0:5
 0:5  0:5  0:5
qg
lL
fL
0:4
GL
ðReg Þ Gg
for ReL < 1000 & Reg > 1000
X ¼ fg
q
l

R134a

htp = Shnb + Fhconv S = (1  x)

3899 data points
D = 0.16–2.92 mm

1:4

L

Bertsch et al. [18]

0:120:434 ln R

g

0:55

p
ð log P r Þ
M 0:5 q0:67
hnp ¼ 55P r
hconv = (1  x)hLo + xhgo
For turbulent ﬂow hLo and hgo are calculated from the Dittus–Boelter
equation
For laminar ﬂow:
"
#

hLo=go ¼

kL=g
D

3:66 þ

1þ0:04ðDReLo=go
2

Mikielewicz [24]

0:0668DLReLo=go PrL=g

Co = 0.3–4
G = 20–3000 kg/m2 s
x = 0–1
12 ﬂuids including cryogens and refrigerants

PrL=g 2=3
L

Þ

6

F = 1 + 80(x  x ) exp (0.6Co)
Co = kr/gDqk0.5/D
rﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
 2ﬃ
htp
hnb
1
¼ /nMS þ 1þP
hLo
hLo

Applicable for conventional and small diameter channels

Bo0:6 ð/MS  1Þ0:65
P ¼ 0:00253Re1:17
 Lo 
h
i
3
1
/MS ¼ 1 þ 2 f1  1 xCo1 ð1  xÞ1=3 þ xf2
For laminar ﬂow
(continued on next page)
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Table A1 (continued)
Reference

Correlation

Applicability range

q l

f1 ¼ qg lL
L
g

 
l cpL kL 1:5
f2 ¼ lg cpg
kg
L
For turbulent ﬂow:
 
q l 0:25
f1 ¼ qg lL
L  g
k
f2 ¼ kgL
0:120:434 ln Rp

hnp ¼ 55P r
Li and Wu [30]
Mohamed and
Karayiannis [31]

ð log P r Þ

htp ¼ 334Bo0:3 ðBdReL0:36 Þ
For D = 4.26–1.1 mm
htp ¼ 3320

0:63

Bo

WeL0:2 Re0:11
L
0:6
Co

0:55

M 0:5 q0:67

0:4 k
L
D

5152 data points

kL
D

For D = 0.52 mm, x 6 0.3
htp ¼ 3320

Bo0:63 WeL0:2 Re0:11
kL
L
D
Co0:6

For D = 0.52 mm, x > 0.3
h 0:3 0:25 i1:79

htp ¼ 5324

Bo

WeL

N 0:25
Co

769 data points D = 0.148–3.25 mm 12 different ﬂuids

D = 4.26–0.52 mm
G = 100–500 kg/m2 s
q = 2.4–175.4 kW/m2
P = 6–14 bar

kL
D

inner diameters of 4.26, 2.88 and 2.01 mm and the same
refrigerant.

2. Microscale heat transfer prediction methodS
2.1. Empirical correlations
Nucleate and convective boiling mechanisms contribute to the
ﬂow boiling heat transfer process. Thus, the ﬂow boiling heat
transfer correlations should consider, through a certain approach,
the contribution of the two mechanisms. The review of the previous studies demonstrated that three approaches were commonly
adopted. The ﬁrst approach is the superposition model proposed
by Chen [15] in which nucleate and convective boiling contributions were simply added together. Examples on this approach are
the correlations proposed by Zhang et al. [16], Saitoh et al. [17]
and Bertsch et al. [18], see Table A1. Zhang et al. [16] proposed a
correlation for saturated ﬂow boiling heat transfer in minichannels
based on a database consisting of 1203 data points for four ﬂuids
(water, R11, R12 and R113), D = 0.78–6 mm, P = 0.101–1.21 MPa,
G = 23.4–2939 kg/m2 s and q = 2.95–2511 kW/m2. Most of the data
were in the laminar liquid-turbulent gas ﬂow condition. They modiﬁed the convective boiling enhancement factor (F) in the original
Chen correlation to be a function of the two phase frictional multiplier (/L) which depends on ﬂow conditions (laminar/turbulent).
In the original correlation, this factor was given as a function of the
turbulent-turbulent Martinelli parameter (Xtt). Also, the single
phase liquid heat transfer coefﬁcient (hL) was modiﬁed based on
ﬂow conditions instead of using the Dittus–Boelter correlation in
the original correlation. All other terms in the Chen correlation
were kept unchanged except the nucleate boiling suppression factor (S) where the two phase Reynolds number (Retp) in the original
correlation was replaced with the liquid Reynolds number (ReL).
Despite these changes, this correlation predicted their database
with a MAE value comparable to that predicted by the original
Chen correlation, which was of the order of 21%. Saitoh et al. [17]
proposed a correlation of the Chen type that takes into account
the effect of channel diameter. The correlation was based on
2224 data points collected for R134a in horizontal tubes of diameters ranging from 0.51 to 11 mm. The effect of channel diameter
was taken into consideration by incorporating the gas phase Weber
number (Weg) into the convective boiling enhancement factor. The
nucleate boiling suppression factor was modiﬁed based on the new
enhancement factor, i.e. depends also on Weg. For the nucleate

boiling part, they suggested using the nucleate pool boiling correlation of Stephan–Abdelsalam [19] that was developed for refrigerants rather than using the Forster–Zuber [20] correlation. Bertsch
et al. [18] proposed a correlation for predicting the saturated ﬂow
boiling heat transfer coefﬁcient in mini and microchannels. This
correlation was developed based on a large experimental data base
consisting of 3899 data points which were collected from 14 different experimental studies and included 12 different ﬂuids including
refrigerants and diameters ranging from 0.16 to 2.92 mm. The Cooper [21] correlation was recommended for the nucleate pool boiling term. The nucleate boiling suppression factor was found to be
dependent on vapour quality only rather than the two phase Reynolds number. Thus they simply used the term (1  x) as a nucleate
boiling suppression factor. The single phase heat transfer coefﬁcient in the convective boiling term was calculated as the average
of the all-liquid single phase heat transfer coefﬁcient (hLo) and the
all-vapour single phase heat transfer coefﬁcient (hgo) weighed by
vapour quality. They modiﬁed the convective boiling enhancement
factor and correlated it as a function of vapour quality (x) and the
conﬁnement number (Co) proposed by Kew and Cornwell [22]. This
correlation predicted their database with a MAE value of 28% and
with more than 60% of the data located within ±30% error bands.
The second approach adopted in developing ﬂow boiling heat
transfer correlations was the asymptotic model in which the heat
transfer coefﬁcient approaches either the nucleate boiling or the
convective boiling components, i.e. selecting the component which
is the largest, as described in the work of Kandlikar and Balasubramanian [23] and Mikielewicz [24], see Table A1. Kandlikar and
Balasubramanian [23] extended the macroscale correlation of Kandlikar [25] to incorporate transition and laminar patterns in microchannels. The original correlation of Kandlikar [25] assumed that
the contribution of nucleate and convective boiling mechanisms
is additive for each region, i.e. the nucleate boiling dominant region
and the convective boiling dominant region. The total two phase
heat transfer coefﬁcient was selected as the largest of the heat
transfer coefﬁcients in the nucleate boiling and the convective
boiling dominant region. The effect of ﬂuid type was incorporated
using a ﬂuid dependent parameter (Fﬂ) in the nucleate boiling
term. This parameter acted as a correction factor that accounts
for all other parameters inﬂuencing nucleate boiling. The new
microscale modiﬁcations include: (i) dropping the Froude number
(Fr) from the original correlation because channel orientation is
insigniﬁcant in mini/microchannels and (ii) modifying the single
phase heat transfer coefﬁcient based on ﬂow conditions, i.e. laminar, transition and turbulent. The correlation is valid for water and
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refrigerants and for D = 0.19–32.0 mm, G = 13–8179 kg/m2 s,
q = 0.3–2280 kW/m2, P = 0.4–64 bar. It was proposed that the single phase liquid heat transfer coefﬁcient in the transition region
can be calculated by interpolation between the all-liquid Reynolds
number, ReLo = 1600 and ReLo = 3000. Mikielewicz [24] proposed a
model based on the analogy between momentum transfer and energy transfer. The model started with the premise that the total energy dissipation in the ﬂow is the sum of the energy dissipation
due to shearing ﬂow without nucleation and the energy dissipation
due to nucleation. Under steady state conditions in two phase ﬂow,
the energy dissipation was approximated by the viscous energy
dissipation per unit volume in the boundary layer. Using the analogy between momentum and energy transfer, the two phase heat
transfer coefﬁcient was written in a form similar to the asymptotic
model with an exponent n = 2 but this exponent was obtained
based on a theoretical analysis rather than empirical adjustments.
The two phase heat transfer coefﬁcient was expressed in terms of
} ller-Steinhagen and Heck
the frictional two phase multiplier of Mu
[26], the boiling number (Bo) and the all-liquid Reynolds number.
The Cooper [21] pool boiling correlation was recommended for the
nucleate boiling term corrected by a factor that depends on the allliquid Reynolds number, boiling number and the frictional two
phase multiplier.
In addition to the two complex approaches mentioned above, a
third simple approach was followed by some researchers through
ﬁtting their experimental data as a function of the most important
dimensionless groups, i.e. statistical correlations. Examples on this
approach are the correlations proposed by researchers
[27,28,22,4,29–31], see Table A1. Lazarek and Black [27] correlated
their 728 data points by ﬁtting the data using the least square
method as a function of boiling number and the all-liquid Reynolds
number. It is worth noting that the exponent of the Bo number in
the correlation is almost similar to the exponent of heat ﬂux in the
nucleate pool boiling correlations. In other words, the correlation
indicates the dominance of nucleate boiling and also takes into
consideration the effect of tube diameter. Also, it is clear from
the correlation that the mass ﬂux effect is small, i.e. the exponent
of the mass ﬂux is 0.143. The correlation is valid for R113,
D = 3.1 mm, G = 125–750 kg/m2 s, q = 14–380 kW/m2 and P = 1.3–
4.1 bar. Tran et al. [28] investigated ﬂow boiling heat transfer of
R12 in a circular channel with diameter 2.46 mm and a rectangular
channel with a hydraulic diameter of 2.4 mm. They found that
nucleate boiling is the dominant mechanism and the mass ﬂux effect was insigniﬁcant. Accordingly, they modiﬁed the correlation of
Lazarek and Black [27] by replacing the all-liquid Reynolds number
with the liquid Weber number and taking the effect of ﬂuid type
into account by incorporating the liquid to vapour density ratio.
The Weber number was used to replace the viscous effects in favour of surface tension. The correlation indicates that there is no
mass ﬂux effect (the exponent of mass ﬂux is zero) and the diameter effect is small, which is clear from the exponent of the Weber
number. It is worth mentioning that the liquid Weber number is
deﬁned based on the total mass ﬂux (G) and the correlation does
not show any dependence on vapour quality. The correlation is valid for R12, R113, D = 2.4, 2.92 mm, G = 44–832 kg/m2 s, q = 7.5–
129 kW/m2, Pr = 0.045–0.2. Kew and Cornwell [22] investigated
ﬂow boiling heat transfer of R141b in stainless steel tubes having
inner diameters of 1.39–3.69 mm and heated length of 500 mm.
The experimentally determined heat transfer coefﬁcient in their
study increased with increasing vapour quality towards the tube
exit over a wide range of vapour quality values. Accordingly, they
modiﬁed the Lazarek and Black [27] correlation by the term
(1  x)0.143 to account for the increasing trend of the heat transfer
coefﬁcient with quality. Warrier et al. [4] investigated ﬂow boiling
heat transfer of FC84 in aluminium multi-channels with a hydraulic diameter of 0.75 mm. They assessed two macroscale correla-
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tions, that of Kandlikar [25] and Liu and Winterton [32] and two
microscale correlations proposed by Lazarek and Black [27] and
Tran et al. [33]. All the examined correlations signiﬁcantly overpredicted the experimental data but captured the experimental
trend of the local heat transfer coefﬁcient, which was independent
of local quality. The only exception in their comparison was the
correlation of Tran et al. [33] that predicted an incorrect trend,
i.e. it showed a sharply decreasing trend with increasing quality.
The behaviour of the Tran et al. [33] correlation reported in [14]
was not consistent with the experimental results of Tran et al.
which do not show any dependence on local quality. The incorrect
trend of the Tran et al. correlation was resulting from the fact that
the authors in [14] multiplied the conﬁnement number by (1  x),
which did not exist in the Tran et al. original heat transfer correlation but in the pressure drop correlation. Eventually, they correlated the two phase heat transfer coefﬁcient normalised by the
single phase laminar heat transfer coefﬁcient as a function of boiling number and vapour quality. This correlation is valid for FC84,
Dh = 0.75 mm, 0.00027 6 Bo 6 0.00089 and 0.03 6 x 6 0.55.
Lee and Mudawar [29] investigated ﬂow boiling heat transfer of
R134a in a microchannel heat sink with a hydraulic diameter of
0.35 mm. The macro and microscale correlations failed to predict
their experimental data and thus they proposed a new correlation
for saturated ﬂow boiling in microchannels. The correlation was
developed based on 318 data points of which 111 data points were
for R134a and the remaining for water. They found that the boiling
number and the liquid Weber number as well as the Martinelli
parameter are the important dimensionless parameters to be included in the correlation. They divided the quality domain into
three ranges based on the dominant mechanism in order to achieve
accurate predictions and proposed a correlation for each range. In
the ﬁrst range (x < 0.05), the dominant mechanism was nucleate
boiling whereas convective boiling dominated at the intermediate
quality range (x = 0.05–0.55) and high quality range (x > 0.55).
Although nucleate boiling was the prevailing mechanism at very
low quality, the heat transfer coefﬁcient was correlated as a function of the Martinelli parameter only, which is a ﬂow parameter
without including any term for the heat ﬂux effect in this region.
Li and Wu [30] collected a large number of experimental data
points from the open literature covering saturated ﬂow boiling
heat transfer in mini/microchannels. The database consists of
3744 data points and covers hydraulic diameters ranging from
0.16 to 3.1 mm with most data located in the laminar regime. They
have correlated the data as a function of three dimensionless
parameters namely boiling number, Bond number (Bd) and liquid
Reynolds number. The boiling number accounts for the heat and
mass ﬂux effects, the Reynolds number accounts for inertia and
viscous effects and the Bond number accounts for gravity and surface tension effects. Mahmoud and Karayiannis [31] proposed very
recently a statistical correlation for ﬂow boiling heat transfer of
R134a in micro tubes with diameter ranging from 4.26 to
0.52 mm. The heat transfer coefﬁcient was ﬁtted as a function of
boiling number, Weber number, liquid Reynolds number, conﬁnement number and convection number using the multi-parameter
nonlinear least square ﬁtting. The correlation was based on 5152
data points excluding dryout data and valid for G = 100–500 kg/
m2 s, P = 6–14 bar, q = 2.4–175.4 kW/m2. This correlation predicted
91.4% of the data within the ±30% error bands with a MAE value of
15%.
2.2. Mechanistic models
The above review demonstrated that the developed microscale
correlations are not general and may not be extrapolated with conﬁdence outside their applicability ranges. Therefore, models based
on the prevailing physical phenomena are also a way forward.
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Unfortunately, there is a very limited number of mechanistic models in the open literature – and this reﬂects the lack of knowledge
of the physical phenomena at the microscale level. Jacobi and
Thome [34] proposed a heat transfer model based on the premise
that thin-ﬁlm evaporation into elongated bubbles is the most
important mechanism in microchannels. At a ﬁxed location, a pair
composed of an elongated bubble and liquid slug was assumed to
pass with a velocity equal to the homogeneous velocity. Principally, this model is based on the idea that during elongated bubble
ﬂow a thin liquid ﬁlm of uniform thickness forms around the bubble and the ﬁlm becomes thinner as evaporation starts until the arrival of the next liquid slug. This model requires the knowledge of
the critical nucleation radius or effective wall superheat in order to
estimate the frequency of the pairs and also requires the knowledge of the initial ﬁlm thickness. When the model was compared
with experimental data assuming initial ﬁlm thickness in the order
of 10–20 lm, it managed to predict the data, which conﬁrmed that
thin-ﬁlm evaporation maybe the dominant mechanism in microchannels. Thome et al. [35] extended this model to include the passage of a vapour slug when dryout occurs and called it ‘‘three-zone
model’’. In this version, a cyclic passage of liquid slug, elongated
bubble and vapour slug was considered. The local time averaged
heat transfer coefﬁcient predicted by the model is given by Eq.
(1). They got a continuous relation for the initial ﬁlm thickness
based on the work of Moriyama and Inoue [36] and applying the
asymptotic approach. Dupont et al. [37] compared the model with
a large experimental database collected from seven different studies and optimised the pair generation frequency, the ﬁnal ﬁlm
thickness and the adjustable constant in the initial ﬁlm thickness
correlation. The database covered seven ﬂuids namely: R11, R12,
R113, R123, R134a, R141b and CO2. The model successfully predicted 70% of the data within ±30% and the effects of various
parameters such as heat ﬂux, mass ﬂux, system pressure and vapour quality.

htp ðzÞ ¼

tL

sb

hLo ðzÞ þ

tfilm

sb

hfilm ðzÞ þ

t dry

sb

Thome [41] developed recently a heat transfer thin ﬁlm evaporation model that takes bubble coalescence into consideration. The
model is valid in the quality range from the transitional quality
from isolated bubbles to coalescing bubble and the transition quality from coalescing to annular ﬂow. This was to account for the
redistribution of the liquid in the ﬂow structure resulting from
the breakup of liquid slugs during coalescence. They got an analytical expression for the average heat transfer coefﬁcient as given by
Eq. (2). A comparison of the model against their experimental data
(980 data points) indicated that 83% of the data were predicted
within the ±30% error band.

  
htp ðxÞ ¼

qL
qg

kL
D

where: c ¼

h1C ¼

h2C ¼

xa x
xa xc

b

ð1Þ

Shiferaw et al. [38] compared their experimental results for R134a
and a diameter of 1.1 mm with the three-zone model. They reported
that the model predicted fairly well data that could be interpreted
traditionally in the nucleate boiling regime. The model over-predicted data in which dryout was thought to occur. The effect of
pressure changes was correctly predicted but the actual experimental changes were greater. The model showed a slight effect of mass
ﬂux that was not seen in the data. The study included a parametric
sensitivity of the model, which, according to Shiferaw et al. [38]
could be useful for suggestions for modiﬁcations for improving
the predictive capability of the model.
Qu and Mudawar [39] developed a mechanistic heat transfer
model for the annular ﬂow pattern region in microchannels. The
model took into account the liquid droplet entrainment to the vapour core. They proposed a correlation for the mass transfer coefﬁcient and applied the one dimensional mass and momentum
conservation equations to obtain local parameters such as pressure
gradient, ﬁlm thickness, interfacial shear stress and ﬂow rate in the
liquid ﬁlm. The two phase heat transfer coefﬁcient was calculated
by dividing the liquid thermal conductivity by the determined ﬁlm
thickness (kL/d). This model predicted all their experimental data
for water with an uncertainty of ±40% and average error of 13.3%.
Boye et al. [40] presented a one dimensional, steady state and
incompressible ﬂow model with constant properties for annular
ﬂow in microchannels. They applied the momentum equation for
the liquid and vapour phases and obtained an analytical expression
for the variation of the vapour core radius (ﬁlm thickness) as a
function of quality. The local heat transfer coefﬁcient was then calculated from the local ﬁlm thickness htp(z) = kL/d(z). Consolini and

ln
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3. Experimental facility
An experimental facility was designed and constructed to investigate ﬂow boiling of R134a in small to micro diameter tubes. The
detailed description of the test rig can be found in earlier publications, [14,38,42]. Four stainless steel tubes were investigated in the
current study: one tube with D = 0.52 mm and L = 100 mm and
three tubes with D = 1.1 mm and L = 150, 300, 450 mm. All tubes
are seamless cold drawn tubes made of stainless steel AISI316.
Each test section consists of an adiabatic calming section with
length of 150 mm, heated section and a borosilicate visualisation
section with length of 100 mm. The heated section was directly
heated by passing a DC current through two copper electrodes that
were welded at the inlet and outlet. The power supplied was measured directly between the test section electrodes using a Yokogawa power meter WT110 with an accuracy of ±0.29%. This excluded
the voltage drop across the connections between the power supply
and the test section electrodes. The outer tube surface temperature
was measured locally by K-type thermocouples with a mean absolute error of ±0.22 K attached at equal intervals. The ﬁrst and last
thermocouples were located away from the electrodes to avoid
the effect of end heat losses at the electrodes. All thermocouples
were attached to the surface by using an electrically insulating
but thermally conducting epoxy. Fluid temperature and pressure
were measured at the test section inlet and outlet using T-type
thermocouples with accuracy of ±0.1 K and pressure transducers
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with accuracy of ±0.32% respectively. The pressure drop was directly measured between the test section inlet and outlet using a
differential pressure transducer (PX771A-025DI) with an accuracy
of ±0.1%. It is worth noting that, there are no ﬂow restrictions at the
test section inlet and outlet. A Phantom V4 digital high speed camera with 1000 frame/s and a resolution of 512  512 pixels was
used for ﬂow visualisation. The data were monitored through a
Labview program at a frequency of 1 Hz using three data loggers:
Solartron models SI35951E (two) and SI35351C. All the data were
recorded for 90 s after attaining steady state and the sample of the
90 data points was averaged and used in the calculations. It is
worth mentioning that the data used in this analysis correspond
to stable boiling, see Karayiannis et al. [14] and Mahmoud et al.
[43].The procedure used for calculating the heat transfer coefﬁcient from the collected data is given in Mahmoud et al. [44].
The mean uncertainty in the heat transfer coefﬁcient is 7.4%, see
[44].
4. Assessment of correlations
This section presents a detailed assessment for six macroscale
correlations [15,25,32,45–47] and twelve microcale correlations
[4,16–18,22–24,27–31], see Tables A1 and A2 for the equations.
In addition to that, Cooper [21] pool boiling correlation was assessed as a base case for pure nucleate boiling. The current experimental database included in the assessment consists of 5789 data
points for R134a, for a tube with D = 0.52 mm and three tubes with
D = 1.1 mm (L = 150, 300 and 450 mm) at P = 6–10 bar and
G = 100–500 kg/m2 s. It is worth mentioning that the data after
dryout were excluded from the comparison because most correlations did not consider post dryout heat transfer. Dryout was identiﬁed, from the h vs. x graphs, as the local vapour quality at which
the heat transfer coefﬁcient starts to decrease rapidly. Table 1 summarizes the vapour quality range at which dryout occurred for
each test section. The lower limit of the vapour quality range in Table 1 corresponds to G > 200 kg/m2 s (the ﬂow is turbulent or in the
transition region) and the upper limit corresponds to G 6 200 kg/
m2 s (laminar ﬂow). A local (h vs. x) and global assessment was
performed. The local assessment gives information on performance
of the correlation compared to the experimental trend. The global
assessment examines the validity of the correlation over a wide
range of experimental conditions. The local assessment can also
help explain the global performance of each correlation when it
is compared with the experimental data. The widely used parameters for global assessment are the mean absolute percentage error
(MAE) deﬁned by Eq. (3) and the percentage of data (b) within
±30% error bands. N in Eq. (3) is the number of experimental data
points.

MAE ¼

N
1X
jhPred;i  hExp;i j
 100
N i¼1
hExp;i

ð3Þ

4.1. Local assessment
Figs. 1 and 2 depict the local assessment of the examined macro
and microscale correlations respectively. The correlations proposed by Lazarek and Black [27] and Tran et al. [28] were not included here since they correlated the average heat transfer
coefﬁcients without any dependence on local quality. The assessment was conducted at a mass ﬂux value of 300 kg/m2 s, system
pressure of 6 bar and a selected value of heat ﬂux. Since all examined correlations superimpose the contributions of nucleate and
convective boiling mechanisms, the heat ﬂux value was selected
such that the corresponding exit quality is about 0.7–0.8 to cover
nucleate and convective boiling regions if they exist. The ±30% er-
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ror band is also shown in Figs. 1 and 2. It is worth mentioning that
Figs. 1 and 2 do not represent all the complete data set (5789 data
point). The aim of these ﬁgures was only to compare the experimental trend with that predicted by the correlation at a certain
experimental condition. This trend comparison was to test the performance of each correlation over a wide range of vapour quality. It
is obvious from Fig. 1(a), for the 0.52 mm tube, that all macroscale
correlations failed to predict the correct experimental trend except
the correlation of Shah [45]. It shows similar trend to the experiment but with values much lower than the experimental values.
Both Shah [45] and Kandlikar [25] correlations show a change in
the trend at x  0.1 and x  0.4, respectively while other correlations do not show this change. Stiener and Taborek [47] correlation
highly over-predicts the experimental data and gives a heat transfer coefﬁcient that is almost constant with local vapour quality.
Gungor and Winterton [46] correlation gives heat transfer coefﬁcient values that slightly decrease with increasing vapour quality.
It is clear also that, there is no signiﬁcant difference between Chen
[15] and Liu and Winterton [32] correlations. Additionally, the difference between all correlations, except those of Gungor and Winterton [46] and Stiener and Taborek [47], becomes small as the
vapour quality increases. The values predicted by Kandlikar [25]
correlation are the closest to the experimental values but only over
a narrow quality range x  0.1–0.3.
Fig. 1(b) shows for D = 1.1 mm (L = 150 mm) that, Kandlikar
[25] correlation gives excellent agreement with the experimental
trend and magnitude of the heat transfer coefﬁcient. Contrary to
the comparison with the 0.52 mm diameter tube data, Stiener
and Taborek [47] correlation now under-predicts the experimental
results and gives heat transfer coefﬁcient values that increase with
increasing vapour quality like the behaviour of Liu and Winterton
[32] correlation. This reﬂects the sensitivity of this correlation to
tube diameter as will be discussed later. The performance of the
other correlations for this tube data was similar to that in the
0.52 mm tube. The behaviour of all correlations did not change
when the heated length increased to 300 and 450 mm for
D = 1.1 mm (Fig.1(c) and (d)). Kandlikar [25] correlation predicts
both the trend and magnitude of the heat transfer coefﬁcient very
well for the L = 450 mm tube and slightly under-predicts its magnitude in case of L = 300 mm.
Fig. 2(a) indicates that for the 0.52 mm tube all microscale correlations failed to capture the experimental trend except the correlations of Bertsch et al. [18] and Mahmoud and Karayiannis [31]
that show similar trend if the ﬁrst data point in the low quality region was excluded. Kew and Cornwell [22], Saitoh et al. [17] and
Mikielewicz [24] correlations give a heat transfer coefﬁcient that
increases almost linearly with vapour quality. Warrier et al. [4]
correlation predicts heat transfer coefﬁcients that are much lower
than the experimental values and remain almost constant with
quality. Kandlikar and Balasubramanian [23] correlation predicts
heat transfer coefﬁcients that slightly decrease with quality up to
a certain quality value after which the coefﬁcient remains approximately constant with a further decrease at the high quality values.
Zhang et al. [16] correlation behaves in a similar way to Chen [15]
correlation where the coefﬁcient increases with quality in the very
low quality region with the effect of quality diminishing in the high
quality region. The heat transfer coefﬁcient predicted by the correlation of Lee and Mudawar [29] shows an N-shape trend, i.e. it increases with quality to a peak value at x  0.1, then it decreases
rapidly with quality up to x  0.55 after which it jumps again to
another peak value. Li and Wu [30] correlation predicts heat transfer coefﬁcient values that show little dependence on vapour quality in the very small quality region and rapid decrease with vapour
quality in the high quality region. It can be concluded from Fig. 2(a)
that, there is an acceptable or approximate agreement between the
experimental values and all microscale correlations over the qual-
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Table A2
Existing macroscale correlations.
Reference

Correlation

Applicability range

Chen [15]

htp = ShF–Z + FhL
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ity range from 0.1 to 0.3, except for the correlations of Warrier
et al. [4], Kandlikar and Balasubramanian [23] and Zhang et al. [16].
Fig. 2b indicates that for the 1.1 mm tube (L = 150 mm) only
the correlations of Kew and Cornwell [22] and Mikielewicz

[24] agree with the experimental trend and values very well.
The correlations of Saitoh et al. [17], Bertsch et al. [18] and Li
and Wu [30] agree very well with the experimental values only
in the low quality region (up to x  0.3). The correlation of Mah-
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Table 1
The vapour quality range at which dryout occurred for each test section.
0.52/100

1.1/150

1.1/300

1.1/450

Dry out quality range
G > 200 kg/m2
G < 200 kg/m2

Same for entire mass
Flux range – no dryout up to x  0.9

Up to x  0.55
Up to x  0.85

Up to x  0.65
Up to x  0.88

Up to x  0.85
Up to x  0.90

50000
45000

Chen [15]
Shah [44]
Gungor-Winterton [45]
Kandlikar [25]
Liu-Winterton [32]
Stiener-Taborek [46]
Experiment

40000
35000
30000
25000

Local heat transfer coefficient, [W/m2 K]

Local heat transfer coefficient, [W/m2 K]

Diameter/length, mm

D = 0.52 mm
q = 56 kW/m2

20000
15000
± 30 %
Error band

10000
5000
0
0

0.1

0.2

0.3

0.4

0.5

0.6

0.7

0.8

0.9

1

35000
Chen [15]
Shah [44]
Gungor-Winterton [45]
Kandlikar [25]
Liu-Winterton [32]
Stiener-Taborek [46]
Experiment

30000
25000

15000
10000
5000
0
0

0.1

0.2

Local heat transfer coefficient, [W/m2 K]

Local heat transfer coefficient, [W/m2 K]

Chen [15]
Shah [44]
Gungor-Winterton [45]
Kandlikar [25]
Liu-Winterton [32]
Stiener-Taborek [46]
Experiment

q = 35 kW/m2
D = 1.1 mm
L = 300 mm

10000

± 30 %
Error
bands
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(b)
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Chen [15]
Shah [44]
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Experiment

D = 1.1 mm
L = 450 mm
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Fig. 1. The local comparison with the examined macroscale correlations at G = 300 kg/m2 s, P = 6 bar and a selected value of heat ﬂux; (a) D = 0.52 mm, L = 100 mm, (b)
D = 1.1 mm, L = 150 mm, (c) D = 1.1 mm, L = 300 mm, (d) D = 1.1 mm, L = 450 mm.

moud and Karayiannis [31] predicts higher values in the low
quality region but gets progressively better with quality. All
other correlations deviate signiﬁcantly from the experimental
values. Fig. 2(c) indicates for the 1.1 mm tube with L = 300 mm
that all correlations disagree with the experimental values except the correlation of Li and Wu [30] and Mahmoud and Karayiannis [31], which agreed very well but only up to x  0.3. At
higher quality values the predictions are still within the error
band. In Fig. 2(d) for L = 450 mm, only the correlations of Mikielewicz [24], Bertsch et al. [18] and Saitoh et al. [17] agreed well
with the data but again only over the quality range 0.1–0.4. The
correlations of Li and Wu [30] and Mahmoud and Karayiannis
[31] exhibited similar behaviour and predicted reasonably the
values over all quality values. It is worth noting that none of
the examined microscale correlations could predict the experimental trend very well. They could not predict the increasing
trend of the heat transfer coefﬁcient observed at high quality

values. It is obvious that the performance of some correlations
varies with the variation of the heated length.
4.2. Global assessment
4.2.1. Macroscale correlations
Table 2 summarizes the statistical assessment of the six examined macroscale correlations while Fig. 3 illustrates the global
comparison with these correlations. It is clear that Kandlikar [25]
and Gungor and Winterton [46] correlations perform much better
than the rest. A more detailed discussion on the performance of the
correlations is given below.
4.2.1.1. Kandlikar correlation. Kandlikar [25] correlation predicted
55.5% of all data within the ±30% error band at a MAE value of
75.9%. For the 0.52 mm tube, it under-predicts the data with b/
MAE values of 45.2/40.1% respectively. For the shortest 1.1 mm

M.M. Mahmoud, T.G. Karayiannis / International Journal of Heat and Mass Transfer 66 (2013) 553–574
35.000

q = 56 kW/m 2

D = 0.52 mm
30.000

Local heat transfer coefficient. [W/m2 K]

Local heat transfer coefficient. [W/m2 K]

562

P = 6 bar. G = 300 kg/m2 s
± 30 %
Error band

25.000
20.000
15.000
10.000
5.000
0
0

0.1

0.2

0.3

0.4

0.5

0.6

0.7

0.8

22.000
D = 1.1 mm

20.000

16.000
14.000
12.000
10.000
8.000
6.000
4.000
2.000
0
0

0.1

0.2

0.3

0.9

0.4

Kew-Cornwell [22]
Warrier et al. [4]
Zhang et al. [16]
Kandlikar-Balasubramanian [23]
Experiment

Lee and Mudawar [29]
Saitoh et al. [17]
Bertsch et al. [18]
Li and Wu [30]
Mikielewicz [24]
Mohamed-Karayiannis [31]

P = 6 bar. G = 300 kg/m2 s

16.000

± 30 %
Error band

14.000
12.000
10.000
8.000
6.000
4.000
2.000
0
0

0.1

0.2

0.3

0.4

0.5

0.6

Local heat transfer coefficient. [W/m2 K]

Local heat transfer coefficient. [W/m2 K]

q = 35 kW/m2

L = 300 mm

0.6

0.7

0.8

Lee and Mudawar [29]
Saitoh et al. [17]
Bertsch et al. [18]
Li and Wu [30]
Mikielewicz [24]
Mohamed-Karayiannis [31]

(b)

20.000
D = 1.1 mm

0.5

Local vapour quality. [-]

(a)
18.000

± 30 %
Error band

18.000

Local vapour quality. [-]
Kew-Cornwell [22]
Warrier et al. [4]
Zhang et al. [16]
Kandlikar-Balasubramanian [23]
Experiment

q = 78 kW/m2

L = 150 mm

P = 6 bar. G = 300 kg/m2 s

18.000
16.000

q = 25 kW/m 2

D = 1.1 mm. L = 450 mm
P = 6 bar. G = 300 kg/m 2 s

14.000

± 30 %
Error band

12.000
10.000
8.000
6.000
4.000
2.000
0
0

0.7

0.1

0.2

0.3

0.4

0.5

0.6

0.7

Local vapour quality. [-]

Local vapour quality. [-]
Kew-Cornwell [22]
Warrier et al. [4]
Zhang et al. [16]
Kandlikar-Balasubramanian [23]
Experiment

Lee-Mudawar [29]
Saitoh et al. [17]
Bertsch et al. [18]
Li and Wu [30]
Mikielewicz [24]

Kew and Cornwell [22]
Warrier et al. [4]
Zhang et al. [16]
Kandlikar-Balasubramanian [23]
Experiment

Lee and Mudawar [29]
Saitoh et al. [17]
Bertsch et al. [18]
Li and Wu [30]
Mikielewicz [24]

Mahmoud-Karayiannis [31]

Mahmoud-Karayiannis [31]

(d)

(c)

Fig. 2. The local comparison with the examined microscale correlations at G = 300 kg/m2 s, P = 6 bar and a selected value of heat ﬂux; (a) D = 0.52 mm, L = 100 mm, (b)
D = 1.1 mm, L = 150 mm, (c) D = 1.1 mm, L = 300 mm, (d) D = 1.1 mm, L = 450 mm.

Table 2
The statistical assessment of the six examined macroscale correlations.
Correlation

Diameter/length, mm
0.52/100 mm

Chen [15]
Shah [45]
Gungor-Winterton [46]
Kandlikar [25]
Liu and Winterton [32]
Steiner-Taborek [47]

All data
1.1/150 mm

1.1/300 mm

1.1/450 mm

b

MAE

b

MAE

b

MAE

b

MAE

b

MAE

27.2
11.8
36.7
45.2
18.7
1.1

69.8
60.1
62.8
40.1
54.4
237

0.2
15
50.2
68
0.3
4.3

66.1
56.8
33.4
32.3
60.3
48.4

10.6
12.5
47.2
45.5
0.4
15.8

106.2
47.3
58.7
49.6
60.6
52.8

21
10.4
47
45.5
15.6
27

70.7
60.4
66.5
50.3
60.6
54.4

14
12.7
45.7
55.5
8.9
12.7

92.3
58.3
55.4
75.9
59.3
91.3

dia. tube (L = 150 mm), the correlation gives very good predictions
compared to the other correlations with b/ MAE values of 68/32.3%.
On the other hand, for the tube with L = 300 and 450 mm, the performance of the correlation was the same with a MAE value of
about 50% and about 45% of the data within the ±30% error bands.
Fig. 1 explains the performance of the Kandlikar [25] correlation in
the global comparison. Fig. 1(a) indicates that for the 0.52 mm dia.
tube there is some agreement between the predicted and experimental values over a narrow range of vapour quality (x  0.1–
0.3) with magnitudes less than the experiment. This is clear from

Fig. 3(a) where the correlation under-predicts most of the data in
this tube. On the contrary, the correlation captured the correct
experimental trend and magnitudes in the shortest 1.1 mm dia.
tube up to x = 0.7. The over-prediction depicted in Fig. 3 for the
D = 1.1 mm tube was found to occur at vapour qualities greater
than 0.7. According to the correlation (see Table A2), as the quality
approaches unity the convection number (Nco) approaches zero
and thus the heat transfer coefﬁcient approaches inﬁnity. This creates a very high over-estimation for the heat transfer coefﬁcient at
very high vapour quality values. So, it can be concluded that Kan-
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Fig. 3. The global comparison with the six macroscale correlations; (a) Chen [15], (b) Shah [45], (c) Gungor and Winterton [46], (d) Kandlikar [25], (e) Liu and Winterton [32],
(f) Steiner and Taborek [47].

dlikar [25] correlation tends to under-predict the experimental values up to intermediate vapour quality values and over-predicts the
values at high vapour qualities.

4.2.1.2. Gungor and Winterton correlation. Gungor and Winterton
[46] correlation predicted 45.7% of all data within the ±30% error
band at a MAE value of 55.4%. Table 2 indicates that the correlation
predicts 36.7% of the micro-tube data within the ±30% error bands
with a MAE value of 62.8%. On the other hand, the prediction gets
better in the 1.1 mm diameter tubes particularly in the tube with
the shortest heated length, where the correlation predicted 50.2%
of the data within the ±30% error bands with a MAE value of
33.4%. The performance of the correlation in all tubes can be explained using Fig. 1. The correlation gives a heat transfer coefﬁcient
that is almost independent of vapour quality in the low quality region and it decreases slightly with quality in the high quality region. This trend is consistent with the experimental trend in the
tube with heated length of 150 mm. However, the correlation
over-predicts the experimental values at high heat ﬂux values. In
other words, the correlation works reasonably at low to intermediate heat ﬂux values. The over-estimation of the heat transfer coefﬁcient at high heat ﬂuxes could be attributed to the inclusion of the
boiling number in the convective boiling enhancement factor (F).
This means that, the heat ﬂux effect was considered in the convective boiling term as well as the nucleate boiling term. The exponent
of (q) was 0.67 in the nucleate boiling term and 1.16 in the convective boiling term. As a result, increasing the heat ﬂux by small val-

ues will result in very high increments of the heat transfer
coefﬁcient that exceed the experimental values. As the heated
length increased, the experimental heat transfer coefﬁcient exhibited some dependence on vapour quality after x = 0.3–0.4 where
the coefﬁcient increased with vapour quality. This quality effect
was not predicted by the correlation and this resulted in a higher
mean absolute error compared to the 150 mm heated length.

4.2.1.3. Chen correlation. Chen [15] correlation predicted only 14%
of all data within the error band at a MAE value of 92.3%. Fig. 1
indicates that the Chen correlation gives a heat transfer coefﬁcient
that moderately increases with increasing vapour quality in the
very low quality region and then shows a plateau as the quality increases. The behaviour of the correlation at very low vapour quality
values is opposite to the experimental behaviour where the heat
transfer coefﬁcient drops from its maximum value at x ﬃ 0. Accordingly, the maximum deviation between the predicted and measured values is expected to occur at very low vapour quality
values and also at high vapour quality values when the experimental heat transfer coefﬁcient exhibits an increasing trend with vapour quality. The global high deviation between the Chen
correlation and the experimental values may be attributed to the
fact that the correlation was developed using data for water and
hydrocarbons only. These ﬂuids have a much higher surface tension compared to R134a, which signiﬁcantly inﬂuences the bubble
departure diameter and the characteristics of the ﬂow patterns.
Another reason could be the accuracy of the nucleate pool boiling
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correlation of Forster and Zuber [20] which gives much lower values than the Cooper [21] correlation, the later taking into account
the effect of ﬂuid type, surface roughness, heat ﬂux and reduced
pressure.
4.2.1.4. Shah correlation. Shah [45] correlation predicted only 12.7%
of all data within the error bands at a MAE value of 58.3%. As presented in Fig. 1, the heat transfer coefﬁcient predicted by the Shah
[45] correlation drops from a high value at very low vapour quality
and then it increases constantly with increasing vapour quality.
This trend was similar to the current experimental trend. Inspecting the performance of the correlation at different experimental
conditions (not shown in the ﬁgure) demonstrated that the correlation tends to work better in the very low quality region, at high
system pressure, and at very high vapour quality. This can be explained as follows: as system pressure increases, the latent heat
decreases and consequently the boiling number increases. In their
correlation (see Table A2), the nucleate boiling term was introduced as a function of the boiling number only. Therefore, increasing heat ﬂux at high system pressure (increasing boiling number)
results in high magnitudes of the predicted heat transfer coefﬁcient in the very low quality region (nucleate boiling) which are
close to the experimental values. Additionally, as the vapour quality increases to high values, the magnitude of the convection number becomes very small and consequently the convective heat
transfer coefﬁcient becomes too large. It approaches inﬁnity as x
approaches 1. Therefore, a small number of data points matched
the experimental values at these conditions (high pressure, very
low and very high quality). The global tendency of the correlation
to under-predict signiﬁcantly the experimental values could be
due to the use of the boiling number only to correlate the nucleate
boiling term. The boiling number includes only the latent heat as a
ﬂuid property. This means that other parameters such as surface
roughness, ﬂuid properties and reduced pressure that inﬂuence
signiﬁcantly the nucleate boiling heat transfer rates were not taken
into consideration.
4.2.1.5. Liu and Winterton correlation. The Liu and Winterton [32]
correlation predicted only 8.9% of all data within the error band
at a MAE value of 59.3%. This correlation looks similar in performance to Chen [15] correlation though the method of combining
the contribution of the nucleate and convective boiling is different. The differences between the Liu-Winterton correlation and
the others are that the single phase liquid heat
transfer coefﬁcient and the nucleate boiling suppression factor
were calculated based on the all-liquid Reynolds number
rather than using the liquid Reynolds number, i.e. using G not
(1 – x)G.
4.2.1.6. Steiner and Taborek correlation. Steiner and Taborek [47]
asymptotic model predicted only 12.7% of all data within the error band at a MAE value of 91.3%. Fig. 3(f) indicates that the correlation over-predicts signiﬁcantly the experimental data of the
0.52 mm dia. tube, while it tends to under-predict most of the
data of the 1.1 mm dia. tube. It is very clear from Eq. (4) that,
the correlation takes into consideration the effect of tube diameter in the nucleate boiling factor (Fnb). The nucleate boiling factor
increases and consequently the heat transfer coefﬁcient increases
as the diameter decreases. Increasing the diameter from 0.52 to
1.1 mm resulted in a decrease in the normalised diameter term
in Eq. (4) by 26%.

F nb ¼ F pf

 nf  0:4 
0:133
q
D
Rp
f ðMÞ
q0
D0
Rp;0

ð4Þ

4.2.2. Microscale correlations
Table 3 summarizes the statistical assessment of the examined
microscale correlations while Fig. 4 depicts the global comparison.
It is worth mentioning that the Cooper pool boiling correlation is
included here for the sake of comparison though it is not a microscale correlation. The performance of each correlation is assessed
in more detail as given below.
4.2.2.1. Mahmoud and Karayiannis correlation. It is obvious from the
table that all correlations failed to predict the experimental data
reasonably well, except the correlation of Mahmoud and Karayiannis [31]. This correlation predicted 87.3% of the data within the
±30% error bands at a MAE value of 15.9%, see Fig. 4(m). Although
Mahmoud and Karayiannis [31] excluded the data of the two longest 1.1 mm diameter tubes when developing the correlation, it
could still predict the data of these longest tubes reasonably. The
performance of this correlation is much better than all examined
correlations, see Table 3.
4.2.2.2. Zhang et al. correlation. The second best examined correlation was that of Zhang et al. [16] but modiﬁed by using the Cooper
[21] correlation for the nucleate boiling term as proposed by
Karayiannis et al. [48], instead of using Forster-Zuber [20] found
in the original correlation, see Fig. 4g. It predicted 68.4% of all data
within the ±30% error bands with a MAE value of 41%. It is worth
mentioning that the original Zhang et al. [16] correlation predicted
only 12.6% of all data within the error bands with a MAE value of
103% as shown in Fig. 4(f). Although the original Zhang et al. [16]
correlation is a modiﬁed version of the Chen [15] correlation, it is
clear that the correlation does not add any improvements in predictability. Fig. 2 indicates that, the behaviour of the predicted local
heat transfer coefﬁcient using Zhang et al. [16] original correlation
is similar to that predicted by Chen [15] correlation. Both correlations predict a heat transfer coefﬁcient that increases rapidly with
quality in the very low quality region and increases very slowly
with quality in the high quality region, which is different from
the experimental trend.
4.2.2.3. Cooper pool boiling correlation. Cooper [21] correlation was
next in global performance, see Fig. 5. It predicted 63.7% of all data
within the ±30% error bands with a MAE value of 35% which is
much better than the assessed macro and microscale correlations.
The performance of the Cooper correlation for each tube is indicated in Table 3. It predicted 51.5% of the micro tube data within
the ±30% error bands and 85% of the shortest mini tube data within
the ±30% error bands. As the heated length increased, the performance of the correlation deteriorates compared to the shortest
tube. The performance of this correlation looks very consistent
with the experimental results for each tube. In the 0.52 mm dia.
tube, nucleate boiling appears to dominate up to a vapour quality
value of about 0.4 (mid quality range). This means that about 50%
of the data in this tube (data with x < 0.4) may be in the nucleate
boiling regime, which agrees with the correlation where 51.5% of
the data were predicted very well. By contrast, the experiment
indicated that all data before dryout (see Table 1) of the shortest
1.1 mm dia. tube (L = 150 mm) could be in the nucleate boiling regime. Therefore the correlation performed very well with this tube.
As the heated length of the 1.1 mm dia. tube was increased, both
nucleate and convective boiling exists, which makes the performance of the correlation worse.
4.2.2.4. Li and Wu correlation. The correlations of Li and Wu [30]
and Mikielewicz [24] follow the order of ability to predict the
experimental data. Li and Wu [30] correlation predicts heat transfer coefﬁcient values that decrease very slowly and at a higher rate
in the low and high quality region respectively, see Fig. 2. The cor-
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Table 3
The statistical assessment of the examined microscale correlations including Cooper [21] pool boiling correlation.
Correlation

Diameter/length, mm
0.52/100 mm

Lazarek-Black [27]
Trant et al. [28]
Kew-Cornwell [22]
Warrier et al. [4]
Kandlikar-Balasubramanian [23]
Zhang et al. [16]
Zhang et al. [16]a
Lee-Mudawar [29]
Saitoh et al. [17]
Bertsch et al. [18]
Mikielewicz [24]
Li-Wu [30]
Cooper [21]
Mahmoud and Karayiannis [31]
a

All data
1.1/150 mm

1.1/300 mm

1.1/450 mm

b

MAE

b

MAE

b

MAE

b

MAE

b

MAE

43.7
2.4
52.7
7
2
11.4
66.1
31.4
45.3
54.7
49.5
43
51.5
86.8

51.6
69.3
32.5
76.8
68.9
79.7
33.7
73.9
39.1
37.6
34.8
58.4
34.4
16.5

65.8
3.5
69.1
1.8
7.8
1.5
77
19.5
73.9
58.8
76.3
69.8
85
91.7

32.2
50.7
25.7
77.4
62.3
64.2
24.8
119.5
27.7
28.8
21.8
26.2
19.3
14.6

38.4
3.1
49.7
0.4
2
15
72.6
20.3
63.3
62.8
65.3
70
69.3
87.4

42
54.6
44.2
88
65.2
122.6
46.2
133.3
46.7
39.1
38.4
64.4
36.2
15.1

23.8
2.7
34.2
0.6
1.8
21
57
18
54
45.1
45.8
52.3
47.1
83.3

45.2
56.8
53.2
84.7
69
133.6
55.6
132.7
56.8
50.1
49.1
70.6
49
17.6

42.4
2.9
52.5
1.8
2.3
12.6
68.4
21.9
59.6
57
60
60.1
63.7
87.3

43.5
58.7
39.8
85.6
66.4
103
41
117.5
43.3
38.8
36.5
56
35
15.9

Modiﬁed using Cooper pool boiling correlation.

relation predicts 60.1% of all data within the error bands at a MAE
value of 56%. Table 3 indicates that for the 0.52 mm dia. tube, the
correlation predicts only 43% of the data within the error bands
with a high MAE value of 58.4%. The performance of the correlation
improves in the 1.1 mm dia. tube with heated lengths of 150 and
300 mm where about 70% of the data were predicted within the error bands. However, the MAE value in the 1.1 mm dia. tube with
L = 150 mm was less than 30% compared to 64.4% for
L = 300 mm. The value of the MAE is usually inﬂuenced by the heat
transfer coefﬁcient value at the ﬁrst location in the very low quality region and the delay in boiling incipience. As the heated length
increased to 450 mm, the correlation predicted only 52.3% of the
data within the error bands with MAE value of 70.6%. It can be concluded that, the correlation highly under-predicts the experimental
values in the high quality region particularly when the measured
heat transfer coefﬁcient increases with vapour quality. The heat
transfer coefﬁcient predicted by this correlation depends on heat
and mass ﬂux with exponents 0.3 and 0.156 respectively which
reﬂects the small effect of these two parameters. The correlation
predicts that the heat transfer coefﬁcient increases with decreasing
tube diameter with an exponent of D being 0.456. Some investigators such as Saitoh et al. [17], Karayiannis et al. [48] and Consolini
and Thome [49] reported that the heat transfer coefﬁcient increases with decreasing tube diameter.
4.2.2.5. Mikielewicz correlation. Mikielewicz [24] correlation could
predict up to 60% of all data within the error bands. Its performance is signiﬁcantly inﬂuenced by the variation of the heated
length of the 1.1 mm diam. tube. For the shortest tube, the correlation predicted reasonably 76.3% of the data with a MAE value of
21.8%. For L = 300 mm it predicted only 65.3% of the data within
the error bands and this value decreased to 45.8% when the heated
length increased to 450 mm. Fig. 2 illustrates that the correlation
predicts heat transfer coefﬁcient values that increase moderately
with increasing vapour quality. This may explain the success of
the correlation in predicting the data of the shortest tube where
the heat transfer coefﬁcient was independent of vapour quality.
4.2.2.6. Bertsch et al. correlation. The correlations of Bertsch et al.
[18], Saitoh et al. [17] and Kew and Cornwell [22] demonstrated
approximately similar performance. The global comparison of the
present data with the correlation of Bertsch et al. is depicted in
Fig. 4(j). It predicts only 57% of all data within the error bands at
a MAE value of 38.8%. The correlation predicted about 55% of the
0.52 mm dia. tube data within the error bands with an error value
of 37.6%. For the 1.1 mm dia. tube with L = 150 and 300 mm, the

performance of the correlation was almost similar, with about
60% of the data predicted within the error bands. As the heated
length increased to 450 mm, the prediction gets worse and only
45.1% of the data were predicted within the error bands. Looking
at Fig. 2(a) for the 0.52 mm dia. tube, the correlation predicted heat
transfer coefﬁcient values that increase with vapour quality towards the exit, which is similar to the experimental trend. For
the 1.1 mm dia. tube, the correlation predicted heat transfer coefﬁcient that sharply (Fig. 2(b)) or slightly decreases with vapour
quality (Fig. 2(c) and (d)). This behaviour may be attributed to
the functional form selected for the nucleate boiling suppression
factor and the convective boiling enhancement factor. The convective boiling enhancement factor was correlated using the conﬁnement number but gives values that contradict the conﬁnement
principle. Conﬁnement effects are signiﬁcant when the conﬁnement number is in excess of 0.5. So, it is expected that the higher
the conﬁnement number, the higher the enhancement in convective boiling. However, the proposed correlation for the convective
boiling gives values that increase with decreasing the conﬁnement
number. Also, for a ﬁxed value of the conﬁnement number, the
enhancement factor reaches a peak value at x  0.78 after which
it rapidly decreases with increasing vapour quality. Additionally,
introducing the nucleate boiling suppression factor as a function
of vapour quality only may not be enough. Nucleate boiling suppression seems to be inﬂuenced strongly by other parameters, such
as ﬂow velocity and ﬂuid properties that affect strongly the characteristics of the boundary layer next to the wall. The rapid decrease
in the heat transfer coefﬁcient with increasing vapour quality that
was observed only in the shortest 1.1 mm dia. tube (L = 150 mm)
can be attributed to the operation at much higher heat ﬂux values
compared to the other tubes. This results in much higher nucleate
pool boiling heat transfer coefﬁcient according to Cooper [21] correlation, which when it is multiplied by the suppression factor
(1x), results in the rapid decrease with quality.
4.2.2.7. Saitoh et al. correlation. Saitoh et al. [17] correlation predicted only 55.6% of the data within the error bands at a MAE value
of 43.3% as seen in Fig. 4i. According to Fig. 2 the correlation predicts that the heat transfer coefﬁcient increases moderately with
quality in the 0.52 mm dia. tube while it decreases very slightly
with vapour quality in the 1.1 mm tubes. In all tubes, the coefﬁcient jumps to a very high value as the quality approaches to 1
(not shown in Fig. 2). Also, by inspecting the performance of the
correlation at different operating conditions (not shown in
Fig. 4), it was found that the correlation highly under-predicts
the data at low heat ﬂux values. Similar to the abovementioned
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correlations, the performance of this correlation gets worse as the
heated length increases. Although this correlation was developed
for R134a and tubes with diameter ranging from 0.51 to
10.92 mm, it failed to predict reasonably the data of the current
study (R134a). This may be attributed to the following reasons:
(i) the heated length of the examined tubes in their study was
too long compared to the one used in the present study, i.e.
500 mm versus 100 mm for D = 0.5 mm and 935 mm versus 150,
300, 450 mm for D = 1.1 mm. The heated length inﬂuences the
operating heat ﬂux value, i.e. for the same exit quality a high heat
ﬂux value is required in short tubes compared to long ones. The
long heated length as well as the low operating heat ﬂux values
may inﬂuence the magnitude and trend of h vs. x. (ii) the experimental procedures in their study was different compared to that
followed in the present study. In their experiment, they avoided
the boiling incipience-related issues through triggering boiling
using a valve located ahead of the test section while in the present
study boiling was triggered normally inside the test section. Boiling incipience might inﬂuence the history of the heat transfer process. (iii) They conducted their experiments in horizontal tubes
compared to vertical tubes used in the present study, i.e. possible
stratiﬁcation effects.

4.2.2.8. Kew and Cornwell correlation. Kew and Cornwell [22] correlation predicted only 52.5% of the data within the error bands at a
MAE value of 39.8% as seen in Fig. 4(c). Since the correlation is a
modiﬁed version of Lazarek and Black [27] correlation, the difference in performance is not that large (see Fig. 4(a) for the comparison with [27]). The performance of Kew and Cornwell [22]
correlation can be explained using Fig. 2. The correlation predicts
that the heat transfer coefﬁcient increases at a slow rate with quality in the very low quality region and at a relatively faster rate in
the high quality region. However, the slope of the h–x curve predicted by the correlation is much smaller than the slope of the
experimental curve particularly after x  0.3–0.4 for all tubes.
Accordingly, the correlation deviates signiﬁcantly from the experimental values at x > 0.4 and at the ﬁrst data point for all tubes except the shortest 1.1 mm dia. tube. In this tube, the experimental
slope of the h–x curve was very small, i.e. the coefﬁcient was independent of vapour quality, which is close to the predicted slope by
the correlation. This may explain why the correlation succeeded to
predict 69.1% of the data in this tube with a small error value of
25.7%.
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4.2.2.9. Lazarek and Black correlation. Lazarek and Black [27] correlation predicted 42.4% of the data within the error band at a MAE
value of 43.5%. It predicted only 43.7% of the data of the 0.52 mm
dia. tube within the error bands with a mean absolute error value
of 51.6%. Its performance is consistent with the behaviour of the
measured heat transfer coefﬁcient in this tube. The measured coefﬁcient drops from maximum value at x  0, then it remains
approximately constant over x  0.1–0.4. Following that it increases continuously with quality. Since the correlation predicts
that the heat transfer coefﬁcient remains constant with quality, it
is expected that the correlation highly under-predicts the experimental values at x < 0.1 and x > 0.4. On the other hand, the correlation performed much better in the shortest 1.1 mm dia. tube with
MAE of 32.15% and 65.8% of the data within the error bands whilst
the prediction gets worse as the heated length increases. Its success in predicting most of the data in the shortest tube is attributed
to the dominance of nucleate boiling over all quality values. As the
heated length of the 1.1 mm dia. tube increases, nucleate boiling
prevailed in the low to intermediate quality region and convective
boiling prevailed in the high quality region. The correlation was
developed based on the fact that nucleate boiling is the only dominant mechanism and thus the predictions deteriorate as the
heated length increases due to contribution of nucleate and convective boiling.
4.2.2.10. Tran et al. correlation. The correlations of Tran et al. [28],
Warrier et al. [4] and Kandlikar and Balasubramanian [23] predicted very poorly the experimental data, see Fig. 4(b), (d) and
(e). Tran et al. [28] correlation predicted only 2.9% of the data within the error band. The correlations of Tran et al. [28] and Lazarek
and Black [27] and the experimental results of the shortest
1.1 mm dia. tube (L = 150 mm) agree on the dominance of nucleate
boiling mechanism. However, there is a big difference in the performance of these two correlations compared to the actual experimental data of this tube. The study of Tran et al. and Lazarek and
Black were conducted using the same ﬂuid and almost similar tube
diameter and thus the difference in performance may be attributed
to the following reasons: (i) difference in tube material. Tran et al.
and Lazarek and Black investigated a brass tube and a stainless
steel tube respectively. Brass is more ductile than stainless steel
and therefore the inner surface characteristics and consequently
nucleation characteristics and heat transfer coefﬁcient can be different. This effect can be deduced from the exponent of the boiling
number in the correlations, i.e. Tran et al. indicates that the heat
ﬂux effect is less compared to Lazarek and Black; (ii) difference
in the investigated heated lengths, 124 mm in [27] and 870 mm
in [28]. Karayiannis et al. [14] reported that increasing the heated
length results in a reduction in the heat transfer coefﬁcient for the
same exit quality. This factor explains why the Tran et al. correlation highly under-predicts the experimental data; (iii) reported effect of tube diameter, i.e. in the Tran et al. correlation, a decrease in
the tube diameter results in a decrease in the heat transfer coefﬁcient, which is contrary to the trend in Lazarek and Black.
4.2.2.11. Warrier et al. correlation. Warrier et al. [4] correlation predicted 1.8% of the data within the error bands at a MAE value of
85.6%. The high deviation could be attributed to the following reasons: (i) Type of ﬂuid. There is a big difference between the properties of R134a refrigerant and dielectric FC84, particularly surface
tension, latent heat and molecular weight. Compared to R134a, the
surface tension value of FC84 is about 150% higher, the latent heat
is about 50% less and the molecular weight is 380% higher. These
three properties play a signiﬁcant role in nucleate pool boiling heat
transfer. The smaller the surface tension, the smaller the bubble
departure diameter and consequently the higher the heat transfer
coefﬁcient, see also Stephan and Abdelsalam [19]. Cooper [21] pool
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boiling correlation predicts that the heat transfer coefﬁcient decreases for ﬂuids with high molecular weight. Accordingly, the heat
transfer coefﬁcient of FC84 is expected to be much smaller than
that of R134a possibly explaining the tendency of the correlation
to highly under-predict the experimental values. (ii) Differences
between the multi-microchannels arrangements compared to single tubes as well as the channel material. The multi-microchannels
conﬁguration could have uneven ﬂow distribution to each channel
and the prevalence of instabilities, which may inﬂuence the heat
transfer characteristics.
4.2.2.12. Kandlikar and Balasubramanian correlation. Kandlikar and
Balasubramanian [23] correlation predicted 2.3% of the data within
the error band at a MAE value of 66.4%. Surprisingly, the performance of the correlation was very poor compared to the original
Kandlikar [25] correlation, see Fig. 3(d), which calls for a comment.
Kandlikar and Balasubramanian [23] presented the original version
of the correlation with a small difference compared to [25], i.e. all
equations were multiplied by the term (1  x)0.8 which was not included in the original form. They did not comment on this term
and it was unclear whether it was included as a new modiﬁcation
or not. At vapour quality values very close to zero, the magnitude
of this term approaches unity and the effect on the predicted values is expected to be small. However, as the quality increases,
the magnitude of this term becomes much smaller than unity
and consequently the magnitude of the predicted heat transfer
coefﬁcient is expected to be much smaller than the values predicted by the original correlation.
4.2.2.13. Lee and Mudawar correlation. Lee and Mudawar [29] correlation predicted 21.5% of the data within the error bands at a MAE
value of 117.5%, see Fig. 4(h). It predicts poorly the experimental
values with a large scatter possibly due to the fact that it is not
capable of predicting the correct experimental trend, see Fig. 2.
The local heat transfer coefﬁcient behaves according to an N-shape
trend, which is completely different from the measured experimental trends in all tubes. So, the correlation has captured only a
few number of experimental points and either under-predicted
or over-predicted the others. The failure of this correlation to predict the current experimental data may be attributed to the fact
that the correlation was developed for rectangular multi-microchannels using only a small number of data points for R134a. Another reason could be the difference in experimental
methodology. The current experimental data were collected
through increasing the heat ﬂux gradually at constant pressure
and mass ﬂux. In [29], the mass ﬂux was varied while the pressure
and the heat ﬂux were kept constant.
5. Assessment of mechanistic models
This section presents the assessment of the two mechanistic
models proposed by Thome et al. [35] and Consolini and Thome
[41]. Fig. 6 depicts the local comparison between the measured
heat transfer coefﬁcient and the three-zone model of Thome
et al. [35] on the h–x plane at P = 6 bar and G = 300 kg/m2 s.
Fig. 7 shows the global comparison. The transition line from
the coalescence bubble regime to the annular ﬂow regime as
determined experimentally by the present authors is also shown
in Fig. 6, because the model was developed for elongated bubbles (slug) ﬂow. It is clear from the ﬁgure that the predicted heat
transfer coefﬁcient jumps to a peak value at x  0 and then decreases continuously with increasing vapour quality. The behaviour of the model near x  0 agrees with the experimental
behaviour but under-predicts signiﬁcantly the values at the ﬁrst
thermocouple location. This could be due to the high local pressure increase associated with bubble growth at the onset of boil-

ing (x  0) that was not taken into consideration by the model.
In other words, the local pressure does not vary linearly in the
very low quality region, i.e. the region around boiling incipience.
Local pressure signiﬁcantly inﬂuences the local saturation temperature and consequently the heat transfer coefﬁcient. Accordingly, the value of wall superheat at boiling incipience will be
smaller than that calculated based on the linear assumption,
i.e. the heat transfer coefﬁcient at the onset of boiling is higher.
As seen in Fig. 6(a), the model could not predict the increasing
trend of the heat transfer coefﬁcient with vapour quality in the
0.52 mm dia. tube and there is an global partial agreement only
over a narrow quality range. This is also clear from the global
comparison in Fig. 7 where the model predicted only 42% of
the smaller tube data within the ±30% error bands at a MAE value of 39.2%, see also Table 4. It is worth noting that, Fig. 6 indicates that the model tends to match or under-predicts slightly
the experimental values at low to intermediate heat ﬂuxes for
all tubes. On the other hand, the model tends to over-predict
signiﬁcantly the data at high heat ﬂuxes, which is clear in
Fig. 6(b) for the shortest 1.1 mm dia. tube. However, the model
predicted the trend very well in this tube. The higher values predicted at high heat ﬂux may be due to the strong effect of heat
ﬂux on the pair frequency that is used in the model. The frequency was calculated using an empirical equation based on
an optimization study. It is worth mentioning that, the pair frequency signiﬁcantly affects the magnitude of the predicted heat
transfer coefﬁcient and it shifts the predicted values up or down.
Shiferaw et al. [8] assessed the three-zone evaporation model
using experimental data for R134a and tubes with diameters of
4.26 and 2.01 mm. They reported that the model predicted satisfactorily the data and they referred to the features of the model
that require further modiﬁcations, i.e. bubble frequency and initial ﬁlm thickness. They also stated that the local pressure ﬂuctuations and nucleation before the location of the onset of the
conﬁned bubble should be considered. The model performed
very well in this shortest 1.1 mm dia. tube where it predicted
76% of the data within the ±30% error bands at MAE value of
24%. As the heated length increased (Fig. 6(c) and (d)), the heat
transfer coefﬁcient exhibited an increasing trend towards the
exit, similar to the 0.52 mm dia. tube, which the model cannot
predict. However, the performance of the model in the tube with
L = 300 mm was similar to that in the shortest tube. It predicted
75.8% of the data within the ±30% error bands but at higher MAE
value of 35.7%. The performance of the model deteriorated in the
longest tube, i.e. it predicted only 55% of the data within the
±30% error bands at a MAE value of 48%.
Figs. 8 and 9 depicts the comparison of the local and the global
values with Consolini and Thome [41] model at P = 6 bar and
G = 300 kg/m2 s for the 0.52 mm dia. tube and the shortest
1.1 mm dia. tube. All data included in the comparison are located
within the applicability range of the model, i.e. xc < x < xa. It is
clear from Fig. 8 that the model predicted reasonably the trend
and magnitudes for some heat ﬂuxes but under-predicted significantly the data of the 1.1 mm dia. tube (Fig. 8(b)). Fig. 9 indicates
that the model predicts poorly the experimental values in all
tubes with relatively better performance in the 0.52 mm dia.
tube. It is worth noting that, the three-zone model performs better in the comparison of the average values (global comparison)
than this new model though both models assume thin ﬁlm evaporation. The reason could be the size of the data bank that was
used to correlate the empirical parameters in the two models.
In the recent model, only data for tubes with diameters 0.51
and 0.79 mm and ﬂuids R134a, R245fa and R236fa were used.
In the 3-zone model, the empirical parameters were optimised
using a larger data bank consisting of various ﬂuids and tube
diameters.
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6. The proposed new correlation
As discussed above, none of the models and correlations could
predict the experimental data of all tubes with a reasonable accuracy. The recent statistical correlation proposed by the present

authors [31] provided improved predictions for our data. It predicted that the heat transfer coefﬁcient decreases slightly with
increasing vapour quality for all tube sizes. As the diameter decreases and/or heated length increases, there is a possibility for
the trend of h vs. x to exhibit an increasing trend towards the tube
exit. The recent correlation could not predict this increasing trend
with quality and therefore it predicted the data of the two longest
1.1 mm tubes (the increasing trend towards the exit was clear in
these two tubes) with lower accuracy. The increasing trend of h
vs. x towards the tube exit observed in micro tubes may be due
to the thinning of the liquid ﬁlm, the possible suppression of nucleate boiling and the large enhancement in the convective boiling
term. Accordingly, to capture the experimental trend, a new additional heat transfer correlation is proposed based on the superposition model of Chen [15], which accounts for the contribution of
nucleate and convective boiling. The database used in developing
this correlation consists of 5152 data points for R134a and tubes
with D = 4.26–0.52 mm and includes data obtained previously with
the same experimental facility, Huo [50] and Shiferaw [51]. Table 5
includes the parameters and the variables in the data bank and the
uncertainties in both the measured and the processed data. This is
available to other researchers at (http://www.brunel.ac.uk/sed/
mecheng/research/ee/ceber) and should be referenced to this
paper.
It is worth mentioning that the data of the 1.1 mm tube with
L = 300 and 450 mm are excluded. In order to incorporate the effect
of heated length into this or any other correlation, a wider range of
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Table 4
The statistical assessment of mechanistic models.
Correlation

Diameter/length, mm

All data

0.52/100 mm

1.1/300 mm

1.1/450 mm

MAE

b

MAE

b

MAE

b

MAE

b

MAE

42
42.5

39.2
41

76
24.7

24
40.5

75.8
21.3

35.7
49.3

55
10.6

48
60.8

63.8
23.8

36.7
48.4

20.000

20000

Local heat transfer coefficient, [W/m2 K]

Local heat transfer coefficient, [W/m2 K]

Thome et al. [35]
Consolini-Thome [41]

1.1/150 mm

b

D = 0.52 mm
18000

P = 6 bar, G = 300 kg/m2 s

16000

± 30 %

14000

Error bands

12000
q = 56

10000
q = 38

8000

q, kW/m2
q = 24
13.3
24
q = 13.3
38
56
Consolini-Thome mode l

6000
4000
2000

D = 1.1 mm, L = 150 mm

18.000

P = 6 bar, G = 300 kg/m2 s
16.000
14.000
± 30 %
Error bands

12.000
10.000
8.000

q = 64

6.000

q = 36

4.000

q = 36 kW/m2
q = 64 kW/m2
Consolini-Thome , 2010 mode l

2.000

0

0
0

0.05

0.1

0.15

0.2

0.25

0.3

0.35

0.4

0.45

0.5

0
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Fig. 8. Comparison with Consolini–Thome [41] model for (a) D = 0.52 mm, L = 100 mm, (b) D = 1.1 mm, L = 150 mm at P = 6 bar and G = 300 kg/m2 s.

Table 5
The range of experimental parameters in the databank with the uncertainty values.

40000

Consolini-Thome [41]
M AE = 48.4 %
β = 23. 8 %

Predicted HTC, [W/m2 K]

35000

+ 30 %

30000

- 30 %

25000
20000
15000

Parameter

Range (nominal values)

Uncertainty

Mass ﬂux, kg/m2 s
Fluid inlet temperature, °C
Fluid outlet temperature, °C
Inlet pressure, bar
Heat ﬂux, kW/m2
Pressure drop, bar
Outer wall temperature, °C
Heat transfer coefﬁcient, W/m2 K
Diameter, mm

100–700
15–50
21–51
6–14
1.7–158
0.005–0.36
20–245
854–50000
4.26–0.52

±2.2–6%
±0.08 K
±0.42%
±0.95–1.95%
±0.07%
±0.22 K
±3.6–13.7%
±1.1–3%

10000
5000

ln Rp
hCooper ¼ 55P0:120:434
ð log Pr Þ
r

0
0

(

5000 10000 15000 20000 25000 30000 35000 40000

Measured HTC, [W/m2 K]
D = 0.52 mm

D = 1.1 mm (L = 150 mm)

D = 1.1 mm (L = 300 mm)

D = 1.1 mm (L = 450 mm)

hL ¼

ReL ¼

Fig. 9. Global comparison with Consolini and Thome [41] model.

L/D ratios should be studied. The form of the new correlation is given by Eq. (5). Cooper [21] pool boiling correlation given by Eq. (6)
is used instead of Forster and Zuber [20] correlation, which was
used in the original Chen [15] correlation. The single phase liquid
heat transfer coefﬁcient is calculated using the conventional single
phase equations for laminar and turbulent ﬂows as given by Eq. (7)
based on the liquid Reynolds number deﬁned by Eq. (8). An interpolation was conducted between the laminar and turbulent heat
transfer coefﬁcients for the transition region.

htp ¼ Snew hCooper þ F new hL

ð5Þ

0:55

4:36 kDL

ReL < 2000

0:4 kL
0:023Re0:8
L PrL D

ReL > 3000

ð1  xÞGD

lL

M0:5 q0:67

ð6Þ

ð7Þ

ð8Þ

The remaining unknowns in Eq. (5) are the nucleate boiling suppression factor Snew and the convective boiling enhancement factor
Fnew. Chen [15] determined these two parameters empirically using
experimental data for convective boiling of water and hydrocarbons
in large diameter tubes. Therefore, it is no surprise that the correlations proposed by Chen [15] for these two parameters are not expected to work properly with refrigerants in small to micro tubes
and consequently new relations are required. The experimental values of the enhancement factor should be determined ﬁrst in order
to propose a new correlation for the enhancement factor Fnew. Chen
[15] proposed two approaches to determine this factor from the
experimental data. The ﬁrst approach involved an iteration process
and the second was theoretical based on the analogy between heat
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F ¼ ð/2L Þ

0:444

ð9Þ

6

5

X¼

C
1
þ ;
X X2

The values of A

1

0
0

The best fit curve

0.2

0.4

0.6

0.8

1

1.2

1.4

1.6

1.8

ð10Þ
Fig. 11. The constant A in Eq. (11) as a function of the conﬁnement number.



C ¼ 21 1  e0:319D

ð11Þ

ð12Þ


0:64
A
F new ¼ 1 þ
X

ð13Þ

The constant A in the above equation was found to depend strongly
on the conﬁnement number as shown in Fig. 11 and was ﬁtted by
Eq. (14).

A ¼ 2:812Co0:408

ð14Þ

As the conﬁnement number increases (diameter decreases), the value of A decreases and consequently the enhancement factor. This
may be attributed to the damping of turbulence with decreasing
diameter, which reduces the convective heat transfer. This does
not contradict with Karayiannis et al. [48] and Consolini and Thome
[49] who reported that the ﬂow boiling heat transfer coefﬁcient increases as the diameter decreases. This is because they refer to the
average heat transfer coefﬁcient versus heat ﬂux. Reducing tube
diameter (increasing conﬁnement number) may signiﬁcantly increase the nucleate boiling heat transfer coefﬁcient in the low vapour quality region and make the total average value larger.
Fig. 12 depicts a comparison between the new proposed
enhancement factor and the original one proposed by Chen [15].
It is obvious that, the two curves approach a value of one as 1/X decreases, i.e. as the vapour quality decreases. This is consistent with
the fact that bubbly ﬂow dominates at small vapour quality values
and consequently nucleate boiling dominates over convective boiling and hence the enhancement factor should be one. On the other

10

F = (1+3.18077/Χ )

0.64

The enhancement factor (F), [-]

The enhancement factor, F, [-]

2

0.5

20

1

0.1
0.005 0.01

3
2.5

The Confinement number (Co), [-]

 0:5  0:5 

qg
fL
1x
x
fg
qL

10

4
3.5

0:444

The two phase frictional multiplier proposed by Mishima and Hibiki
[54] (see Eq. (11)) was used in this study since it was developed for
small to mini diameter tubes and was useful in predicting the current experimental pressure drop data well, see Mahmoud et al. [55].
The determined enhancement factor Fnew was plotted against the
reciprocal of the Martinelli parameter given by Eq. (12), see
Fig. 10. A total of 1249 data points for the shortest 1.1 mm diameter
tube covering system pressure range of 6–10 bar, mass ﬂux range of
100–500 kg/m2 s and x up to 0.6–0.8 were used in this ﬁgure. It is
obvious that, all data points collapsed into one single line without
any scatter, which conﬁrms the success of the reciprocal of the Martinelli parameter to correlate the enhancement factor. It is interesting to note that, the trend for the other tubes was similar to that in
Fig. 10 but the slope of the curve was found to be dependent on the
tube diameter. Therefore, all the data in the current data bank the
data for D = 4.26–0.52 mm tube were included in the analysis to
correlate the effect of diameter on the new enhancement factor (except the data for D = 1.01 mm and L = 300 and 450 mm). The proposed function for the enhancement factor that was found to ﬁt
all the experimental data is given by Eq. (13).

/2L ¼ 1 þ

4.5

1.5

Eq. (9) is valid as long as the value of the liquid Prandtl number is
about one. Bennet and Chen [52] modiﬁed Eq. (9) to extend the Prandtl number range to values greater than one as cited in Collier and
Thome [53], given as Eq. (10) below:



PrL þ 1 2
/L
F¼
2

A=2.81202·Co-0.408019

5.5

The constant A, [-]

and momentum transfer in the boundary layer. Chen [15] did not
ﬁnd any signiﬁcant difference between the values of the enhancement factors calculated using the two methods. Therefore, in the
current study, the second approach was selected to determine the
experimental values of the enhancement factor. Chen [15] using
this second approach, deduced the enhancement factor theoretically and introduced it as a function of the two phase frictional
multiplier:

0.1

1

10

20

1/Χ
Fig. 10. The experimental enhancement factor versus the reciprocal of Martinelli’s
parameter.

5

New correlation
2
Chen [15]
1

0.5
0.001

0.01

0.1

1

10

20

1/Χ
Fig. 12. Comparison between the new enhancement factor and the enhancement
factor proposed by Chen [15].
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Fig. 13. The experimental suppression factor versus the two phase Reynolds
number.
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D = 1.1 mm (L = 300 mm)

hand, the two curves tend to merge at very high values of 1/X. Signiﬁcant deviations are observed for values between about 0.01 and
2. It is worth mentioning here that Chen [15] used the Martinelli
parameter for turbulent liquid and turbulent vapour. In the current
study the Martinelli parameter was calculated based on the actual
ﬂow conditions, i.e. laminar or turbulent.
The experimental suppression factor was calculated based on
the enhancement factor determined using Eq. (15). The result is
plotted against the two phase Reynolds number deﬁned by Eq.
(16) for all tubes included in our data bank (except D = 1.1 mm
and L = 300 and 450 mm), see Fig. 13. The same function proposed
by Chen [15] was used to correlate the data in this ﬁgure, but modiﬁed by the new enhancement factor as given by Eq. (17).

SExp ¼

htp;Exp  F new hL
hCooper

ð15Þ

Retp ¼ ReL F 1:25
new
Snew ¼

ð16Þ
1

ð17Þ

1:17

1:25
Þ
1 þ 2:56  106 ðReL F new

Fig. 14 depicts a comparison between the new suppression factor and the original one proposed by Chen [15]. This ﬁgure explains
why the original Chen correlation highly under-predicts the current experimental data as previously presented in Fig. 1(a). The ﬁg-

D = 2.01 mm

D = 1.1 mm (L = 450 mm)

D = 2.88 mm

D = 4.26 mm

Fig. 15. Global comparison with the new correlation.

ure indicates that the nucleate boiling suppression factor of Chen
decreases rapidly with the two phase Reynolds number. This
makes the nucleate boiling term in the original correlation very
small and consequently the total value of the heat transfer coefﬁcient. On the contrary, the new modiﬁed suppression factor remains equal to one up to Reynolds number value of about
5  104 then it decreases slowly with increasing Reynolds number.
The new correlation is valid for R134a, D = 4.26–0.52 mm,
G = 100–500 kg/m2 s, P = 6–14 bar and x < xdryout, i.e. the correlation is valid as long as there is no dryout. Dryout occurs at approximately x = 0.51, 0.42, 0.41, 0.77, 0.9 for D = 4.26, 2.88, 2.01, 1.1,
0.52 respectively. We expect these dryout values to be a guide
but should be veriﬁed when using other data to compare with this
correlation. Fig. 15 depicts the global comparison between the new
correlation and the current experimental data. The correlation predicted 92% of all data within the error bands at a MAE value of
14.3%. It is worth mentioning that the new correlation predicted
93.3% of the data of the 1.1 mm tube (L = 300 mm) at a MAE value
of 14% and predicted 87.4% of the longest tube (L = 450 mm) at a
MAE value of 16.5%. This means that the performance of the new
correlation changes slightly with the variation of the heated length
which is different compared to the performance of the examined
past correlations including the recent correlation proposed by the
present authors.

Supression factor, [-]

2

7. Conclusions

1

New correlation

Chen [15]

0.1

0.05
1000

10000

100000

1000000

Two phase Reynolds number, [-]
Fig. 14. Comparison between the new correlation of the nucleate boiling suppression factor and the original one proposed by Chen [15].

This paper presented a detailed assessment for nineteen correlations as well as two existing mechanistic models. The assessment
was conducted using local and average (global) heat transfer coefﬁcients. In summary, our comparison demonstrated that all examined correlations are not general enough and/or could not predict
the current experimental data with a reasonable accuracy. Also,
the mechanistic models failed to predict the current experimental
data of all tubes, which may be attributed to the fact that these
models are not totally based on theory but depend on empirical
parameters, i.e. they are semi-mechanistic models. A correlation
developed earlier by the same authors predicted the current data
with a very reasonable accuracy. This was a statistical determined
relation, which did not predict the increasing trend of h vs. x in micro diameter tubes. However, this gives a very good prediction
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compared to the other models we examined and can be used in a
lot of cases due its ease of application. The performance of most
correlations changed with the change of diameter and heated
length. This may be due to the fact that most microscale correlations were developed based on channels of short lengths. If the
length is too short, the applied heat ﬂux must be much higher
for the same exit quality compared to long channels. Accordingly,
there is a possibility for the nucleate boiling mechanism to dominate, i.e. the local heat transfer coefﬁcient does not vary with local
quality. Therefore, it is expected that these correlations perform
poorly as the heated length increases, i.e. as h increases with x towards the channel exit. A new correlation of the Chen type was
proposed in this paper, which is more general especially for refrigerants and can predict local and hence average heat transfer coefﬁcient values. The new correlation predicts the increasing trend of
h vs. x that was observed in micro tubes. The correlation predicted
92% of all data within the ±30% error bands at a MAE value of
14.3%. The new correlation predicted satisfactorily the data for
the three different lengths available for the 1.1 mm dia. tube. However, the effect of heated length need to be examined further and
included in a future version probably as a non-dimensional term
(L/D).

Appendix A. Heat transfer correlations
See Tables A1 and A2.
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